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‘ OUTLINE .
non-equivariant story M, equivariant story
NON-EQUIVARIANT THEOREM (?) * what?? '

e why?

Spec(Z) = { (p) | p prime or O } e how?

EQUIVARIANT THEOREM (Nakaoka, C.-Ginnett, C.-CMQSVN)
Spec(Ac) = { Pup | p prime or 0, HXG }
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' WHAT IS THE BURNSIDE TAMBARA FUNCTOR?




EX. G= C,, q prime WHAT IS AG (REALLY)
Z[x]/(x*-qx)

DEF. The Burnside ring of G is A(G) = Gr(Fing, 11, x)

gZ[{G/H}H<G]/N
ker(q)e,p) - { X ‘ ‘Xlzpo }
- <x-q, p> THM. (Dress, 1969)
ker(de,) = { X | [X®|=.0 ] Spec(A(G)) = { ker(Py,) | p prime or 0, HX G}
= <X, p> where ¢y,: A(G) = Z — Z/pZ

X = |X"| mod p

PF IDEA: Study “ghost map” ®¢: A(G) = [lu<c Z
and the induced map on Spec




EX. G= C,, q prime WHAT IS A(; (REALLY)

2
ZIX1/ X -ax) “DEF.” The Burnside Mackey functor ot G “is” Ac:

AG(G/H) = A(H)

transfer
restriction

AG(G/K) = A(K)
KSHSG

restriction: restriction = “id”

transter: induction= Hx, (-)




EX. G= C,, q prime WHAT IS A(; (REALLY)

2
Z{x]/(x"-ax) “DEF.” The Burnside Tambara_functor of G “is” Ac:

AG(G/H) = A(H)

A

transfer
norm
restriction

AG(G/K) = A(K)
KSHSG

restriction: restriction = “id”
transter: induction= Hx (-)

norm: coinduction = Mapy(H, - )




TAMBARA IDEALS

EX. G= C,, q prime
Z[x]/(xQ—qx) DEF. An ideal in a Tambara functor M is a collection of
ideals I(G/H) & M(G/H) for all HS G which are

closed under the structure maps

DEF/PROP.  An ideal P={P(G/H)} is prime iff for all
xEP(G/H) and yEP(G/K),

all generalized products : x ory is in P
of x and y are in P

P is prime # P(G/H) is
prime

prime ideal “over 0"



MAIN THEOREM (Nakaoka, C.-Ginnett, C.-CMQSVN)

For any tinite group G,
Spec(Ac) = { Pup | p prime or 0, HSG }

where Py, (G/K) = Q ker(},,: A(K) = Z/pZ)

r_______'_______

and “p-residual subgroup

® PH,O EPH,P Clnd PH,P ZPH,O €.g. Op

® DK,o EDH,O it H<GK orm - n/p

o Py, &Py, iff p=g and OP(H)<:OP(K
> Py, iff OP(H)<oK

® Pxo =FH




COMPUTATIONAL TECHNIQUES

How do we usually classity prime ideals in R \
e Study quotients R/

e Study localizations SR
e Study maps R = R’

In equivariant algebra:
e Quotients are ok, but not always helpftul

e Localizations are hard, and not always helptul

e Maps are ok, and...

M. (CMQSVN) If : R = R’ is a levelwise integral
extension of Tambara functors, then

t* : Spec(R') = Spec(R) is surjective.



“DEF.” The ghost of Ag “is” ﬂ :

[*l(G/H) = (M<w 2)f

transfer
restriction

[ 1(G/K) = (M 2)f

restriction of (o))< = (9)))<

(a))s<«
= (2 by)y<x

transter of (b))«

THE GHOST CONSTRUCTION

ﬂ

THM. (C.-CMQSVN) The ghost is a
Tambara functor and Dress’

maps A(H) = ﬂ G/H)

assemble ’ro a levelwise

integral extension of Tambara

functors

COR. The map Spec(ﬂ) — Spec(Ag)

is surjective!

Rl
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PRIME IDEALS IN @

Observation: The ideals of ﬂ (G/H) = (M<n Z)" are specified

by tuples (n,4) <y for some integers n,

EX. Let Fbe a family of subgroups of G, and let P(F,p) & ﬂ
be the ideal given by {p cF

4
Ny =

1 & F.

PROP. For HS G and Fy, = {IS¢H}, the ideal Py, := P(Fy,p) is prime.

THM. |t P is prime, then P = P, for some H and p.

+

R




MORE
COMPUTATIONS?

s there a more general

EQUIVARIANT TT-
GEOMETRY???

(don’t ask me)
“ghost” construction?

(see CMQSVN for G=C,)

THANK YOU!
OTHER INTERESTING

EXAMPLES?
Besides Spec(Ag), we know
Spec(EP(R))=Spec(R®)

'CMQSVN]

...but not much else!
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